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Abstract
G. Ehrlich, S. Even, and R.E. Tarjan conjectured that the graph obtained from a complete 3
partite graph K4;4;4 by deleting the edges of four disjoint triangles is not the intersection graph
of straight line segments in the plane. We show that it is.
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Following Ehrlich et al. [1] we let Gk;n be the graph with kn vertices denoted by vij
where 16i6k and 16j6n, such that two vertices vab and vcd are joined by an edge
if and only if a = c and b =d. These graphs are all string graphs, that is, they can
be represented as intersection graphs of curves in the plane, as shown in [1]. It was
also shown that for G2; n the curves can even be chosen to be straight line segments,
and it was conjectured that this is not the case for G3;4. However, Fig. 1 shows that
G3;4 has indeed such a representation. The representation of G3;4 presented in Fig. 5
in [1] as a string graph has rotation symmetry and generalizes to all Gk;n. Also, the
representation of G2;5 in Fig. 6 in [1] as a string graph with straight line segments has
rotation symmetry and generalizes to all G2; n. However, this does not seem to be the
case for the representation in Fig. 1. Thus it seems interesting which other Gk;n can
be represented by straight line segments. The recognition problem for string graphs in
general, even when restricted to representations by straight line segments, is NP-hard
as shown by Kratochv?@l [2].
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Fig. 1. A representation of G3; 4 as an intersection graph of straight line segments.
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